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A Novel Location Strategy for Minimizing Monitors
in Vehicle Emission Remote Sensing System
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Abstract—The vehicle emission remote sensing system is one
promising solution to monitor the emissions of on-road vehicles
that contribute to the air pollution in urban areas. To implement
such a system an effective location strategy to place the moni-
tors is yet to be designed. To this purpose we formulate a novel
location problem where the minimum subset of roads on which
traffic emission monitors are located is to be found only using
the topological structure and some other available information
of the traffic network. We solve this problem by transforming it
into a graph-theoretic problem and considering more character-
istics such as the traffic regulations and limits. After modeling
the real-world traffic network as a digraph, a two-step algo-
rithm is developed. The first step is to find all directed circuits
to establish hypergraph-based set of directed circuits using the
depth first searching strategy. In the second step, an approxima-
tion algorithm is designed to find the greedy transversal which
is a subset of roads to place vehicle emission monitors in order
to cover all the traffic circuits. The performance of the loca-
tion strategy is validated by both theoretical developments and
illustrative examples.

Index Terms—Intelligence transportation, location strategy,
urban air pollution, vehicle emission monitor.

I. INTRODUCTION

IT IS a trend that in recent years more and more motor
vehicles have been increasingly used in the urban area

while high-polluting factories are being outmigrated, mak-
ing vehicle emissions one of the leading factors in urban air
pollution. These emissions contain large quantities of CO,

Manuscript received June 9, 2016; accepted July 27, 2016. Date of
publication February 6, 2017; date of current version March 15, 2018.
This work was supported in part by the National High-Tech Research and
Development Program of China (863 Program 2014AA06A503), in part by the
National Natural Science Foundation of China under Grant 61422307, Grant
61473269, Grant 61673350, and Grant 61673361, in part by the Scientific
Research Staring Foundation for the Returned Overseas Chinese Scholars
and Ministry of Education of China, in part by the Fundamental Research
Funds for the Central Universities under Grant WK2100100023, in part by
the Youth Innovation Promotion Association, in part by the Chinese Academy
of Sciences, in part by the Youth Top-Notch Talent Support Program, in
part by the 1000-Talent Youth Program, and in part by the Youth Yangtze
River Scholar. This paper was recommended by Associate Editor Z. Li.
(Corresponding author: Yu Kang.)

Y. Kang is with the Department of Automation, State Key Laboratory of
Fire Science and Institute of Advanced Technology, University of Science
and Technology of China, Hefei, China, and also with the Key Laboratory
of Technology in GeoSpatial Information Processing and Application System,
Chinese Academy of Sciences, Beijing, China.

Z. Li and J. Qin are with the Department of Automation, University of
Science and Technology of China, Hefei, China.

Y. Zhao is with the College of Information Engineering, Zhejiang University
of Technology, Hangzhou, China.

Color versions of one or more of the figures in this paper are available
online at http://ieeexplore.ieee.org.

Digital Object Identifier 10.1109/TSMC.2016.2607221

HC, NOx, PM, and many other kinds of toxic substances.
The resulting atmospheric haze and photochemical smog
then cause respiratory diseases like bronchitis and asthma,
and cardiovascular diseases like stenocardia and coronary
heart diseases. Living near a major traffic road is reported
to increase greatly the risk of wheezing illness, lung dis-
ease, and deep vein thrombosis [1]–[3]. Such air pollution
caused by vehicle emissions may thus lead to environmental
failure [4]–[6].

Among all the vehicles, the yellow-labeled cars are the
worst in terms of air pollution. It is shown that the amount
of NOx emitted by yellow-labeled cars accounts for 45.4% of
all the emission, and the proportion for HC, CO, and PM
is 49.1%, 47.4%, and 74.6%, respectively, in 2014 despite
their 6.8% share of all vehicles in the 2015 annual report
of the Ministry of Environmental Protection of China [7].
In this paper, it is noted that the whole vehicle emission
pollution reduced by 0.5% although the sales quantity of
cars achieved 23.5 million in 2014, which may owe to the
rigid regulations on yellow-labeled cars. It shows that we
are badly in need of tools that can quantitatively measure
the emission effects of in-use vehicles and recognize the
high-emitters.

The conventional detection methods for vehicle emissions
are nonloading test (under conditions of idle speed and dou-
ble idle speed) and the driving mode test, which measure the
emission by simulating vehicles’ running states. But in consid-
eration of the effects on emissions of weather, traffic condition,
degree of aging, and even driving habit, a great difference
may exists between the simulation results and the real emis-
sions. Furthermore, these conventional methods cannot capture
the real-time emission effectively. So some advanced tech-
niques are developed for measuring the emissions, such as
the portable emission measurement system, the remote sens-
ing system (RSS) and the on-board diagnostic technology.
Using remote sensing to measure vehicle emissions started
from the 1980s. In 1988, scientists from the University of
Denver applied the nondispersive infrared technology to detect
CO, CO2, and HC in the tail gas in USA, and in the 1990s, the
nondispersive ultraviolet technology was employed to detect
NOx [8]–[10]. It has been proved that remote sensing is
an effective technology to measure real vehicle emissions
and recognize high-emitters after decades of research and
practice.

As an essential part in the vehicle emission monitoring
system, remote sensing can conduct a preliminary screening
toward thousands of vehicles when they are up and running,
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thus making the vehicle emission RSS critically important.
Such a system is formed with traffic emission monitors set
on the roads, by which the emission from large quantity
of vehicles passing through the monitors can be measured
in real time. There is no doubt that the amount and loca-
tion of the monitors have an significant influence on the
monitoring performance. Since the amount of monitors is con-
strained by the economic considerations, the optimal location
of monitors thus becomes a critical technique for the vehicle
emission RSS.

The location problems in the transportation domain are
usually studied to observe, estimate, and predict link, O/D,
and route flows [11], [12], with passive or active traffic sen-
sors [13]–[15]. A majority of them focus on the determination
of the minimum amount of required traffic counters or the
optimal locations of a certain amount of traffic counters, to
achieve a better estimation of the O/D matrix. Lam and Lo [16]
provided a first formal method for the problem regarding traf-
fic flow. Several heuristic methods were proposed to meet
the challenge. Ehlert et al. [17] proposed two solutions by
means of integer linear programming: one solution takes exist-
ing detectors on the network into consideration, and the other
takes flow information from the prior O/D into considera-
tion. Yang et al. [18], [19] proposed four location rules, and
developed several models based on integer linear program-
ming, and designed heuristics to obtain the links required to
be counted in the traffic network that satisfy the four rules.
Bianco et al. [20], [21] extended this problem through consid-
ering conditions on the location of traffic counters at vertices,
making it possible to decide the flow of the whole network
uniquely. Gan et al. [22], [23] made a comprehensive research
on the traffic counters location, error bound and estimation
method in an integrated approach, and then demonstrated some
properties of the different location rules.

The location problems are also addressed directly to infer
flows of the unobserved links. Hu et al. [24] explained how
to decide the minimum subset of links for traffic counters’
deployment to derive flows of the other links in the traffic
network, by describing the network using a matrix revealing
the link-path incidence. In order to eliminate the requirement
for enumerating all paths in Hu et al.’s [24] work, Ng [25]
reformulated the problem of link observability to enumerate
nodes instead of paths. Bianco et al. [26] presented an exact
branch and bound approach for this problem, based on a binary
branching rule, to obtain bounds on the solution value. They
also applied a genetic approach to find good quality solutions.
Gu et al. [27], [28] treated this problem as a traffic control
problem, which is aimed to determine a minimum edge control
set through modeling the traffic network as a digraph, show-
ing that for a strongly connected directed graph, if the digraph
has m edges and n vertices, we need to deploy m − n + 1
sensors in order to decide the traffic flows of this digraph
uniquely. Based on these results Lin and Xu [29] had a fur-
ther study and proposed a more general location strategy for
traffic network by taking the unbalanced nodes into consider-
ation. What is more, the k-monitor problem was proposed by
Yan [30] and Chin et al. [31] which is to determine a set con-
taining k edges with monitors on them such that the amount

of edges with the traffic flows determined is maximized.
This problem was proven to be NP-hard and its approx-
imation algorithms with polynomial-time complexity were
developed.

In transportation sensors are usually used to observe or esti-
mate the O/D flows, route flows or link flows. On the contrary
here we are interested in finding the minimum subset of roads
on which traffic emission monitors are placed to monitor vehi-
cles under certain conditions. While some characteristics of
roads, like traffic flow, geographic position, and congestion
situation, are useful to decide whether a monitor should be
located or not, it is intractable to quantify these influencing
factors such as geographic position and congestion situation,
and information like traffic flow of the whole road network is
not easily accessible even for the national traffic administra-
tive department. In this paper, we try to study the possibility
of resolving this problem only using the topological structure
and some other available information of the traffic network.
We propose a two-step algorithm using both depth first search-
ing and greedy strategy to find the minimum set of roads with
traffic emission monitors, based on the digraph modeled from
the traffic network.

The structure of the remaining content in this paper is as
follows. In Section II, we introduce the vehicle emission RSS
and discuss how to obtain the graph-based urban road network
and convert the location problem to a graph-theoretic problem.
We then present a two-step location strategy with performance
analysis in Section III. The proposed strategy is validated with
both simulation example and real-world tests in Section IV.
The summary to this paper will be presented at the last
section.

II. PRELIMINARIES

In this section, we first give a brief introduction to the vehi-
cle emission RSS, which is to be established according to the
location strategy developed in this paper, then model the road
network, the object of locating detectors, and finally formulate
the problem of interest based on the model.

A. Vehicle Emission Remote Sensing System

Vehicle emissions are conventionally detected by using the
so-called vehicle emission field testing station, an offline and
contacting method for measuring emissions, which is of high
accuracy but low efficiency. The vehicle emission RSS studied
in this paper is a complementary method for the field testing
station, which is composed of the vehicle emission monitors
distributed onto the traffic network. It can be used to sepa-
rate the yellow-labeled cars out for further detection by field
testing station. Here, the monitors in this system can mea-
sure gaseous pollutants from vehicles driven in all lanes of
the road simultaneously, including CO, CO2, HC, and NO, as
well as the opacity of exhaust, which is an important index
for diesel-engined vehicles.

The monitors use the tunable diode laser absorption spec-
troscopy technology to measure CO and CO2, and differential
optical absorption spectroscopy technology for HC and NO.
The infrared or ultraviolet light beams projected by the light
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Fig. 1. Traffic emission monitor. Eleven represents the industrial con-
troller. Twelve and thirteen are the video cameras and the license recognizer.
Fourteen and fifteen located on road sides are the emission detector and the
speed/acceleration sensor, respectively.

source are to measure CO, CO2, HC, and NO, respectively.
The relationship between the attenuation of light intensity and
the concentrations of gases can be expressed as follows, which
is referred to as Beer–Lambert law:

T = I(λ)/I0(λ) = exp(−βcL)

where I0(λ) and I(λ) represent the light intensities of the
projected beam by the light source and the received one after
traveling L, β is the atmospheric attenuation coefficient, and c
is concentration of a certain gas. The opacity of exhaust can
also be measured by the monitor. When a diesel-engined vehi-
cle passing through a monitor, the laser beam from light source
on one side of the road is received by the receiver, whose
intensity is determined by the shading ability of the exhaust,
then the opacity can be worked out using light transmittance
measurement principle.

However, to obtain more complete measurement, the con-
centrations of CO, CO2, HC, and NO and opacity of exhaust
should be fused with other data, e.g., speed, acceleration,
and meteorology, with the aid of speed/acceleration sen-
sor, cameras, and so on. Fig. 1 is a diagram of vehicle
emission monitor, which consists of an emission detector,
a speed/acceleration sensor, a license recognizer, an indus-
trial controller, video cameras, and other corollary equipments.
Fig. 2 is a site installation drawing of the monitor.

B. Road Network Modeling

In this part, we will establish the model of traffic net-
work, based on which the location strategy is developed. And
first some necessary graph-theoretic definitions are given as
follows, most of which are from [46] and [47].

A digraph is an organized pair D = (V(D), A(D)) com-
posed of a set V := V(D) and a set A := A(D), where V is a
finite set of vertices and A is the set of arcs, which are unilat-
eral relations on V . The number of vertices and arcs in D are
called to be the order and size of D, respectively, denoted by
|V| and |A|. Define another digraph D∗(V(D∗), A(D∗)). V(D∗)
is equal to A(D) and the vertices in D∗ are adjacent iff the cor-
responding arcs in D are incident. The digraph D∗ is referred
to as the line digraph of D.

A directed walk of the digraph D is an alternate sequence
W = (v0, a1, v1, . . . , a�, v�), in the sequence vi−1 is the tail of

Fig. 2. Site installation of the traffic emission monitor. The emitter projects
infrared and ultraviolet lasers, which are then received by the receiver on the
other side, to measure the concentrations of CO, HC, and NO and also the
speed and acceleration of the passing vehicle.

ai and vi is the head of ai, 1 ≤ i ≤ � where the integer � is
the length of the walk. Usually the arcs ai are dropped. Here
the vertex v0 and v� are the origin and terminal, respectively.
Let directed (x, y)-walk denote a walk from x to y, then the
vertex y is said to be reachable from the vertex x. A digraph
is referred to be strongly connected if any two vertices in the
digraph are reachable from each other. A directed walk is said
to be a directed trail (or directed path) if it has distinct arcs
(or distinct vertices). A directed trail (or directed path) is said
to be a directed circuit (or directed cycle) if it has an identical
origin and terminal.

A set system is a pair of (V,F). V is a finite set. F ⊂ 2V

is a family of subsets of V . If F is composed of pairs
elements of V , the set system is a graph without loop.
Therefore the set system can be considered as generalizations
of graphs, which are usually known as hypergraphs denoted
by H = (V(H),F(H)). In the hypergraph, V := V(H) is
called the vertex set of H, and F := F(H) the hyperedge
set. The definitions of order and size also exist in the hyper-
graph, denoted by |V| and |F |, respectively. A hypergraph is
called to be a simple hypergraph if it has no repeated edges
such that Fi ⊆ Fj ⇒ i = j. The star H(x) centered in vertex
x is the family of hyperedges containing x, and its cardinal-
ity of hyperedges are called degree symbolically by d(x). The
maximal degree of a hypergraph H is denoted by �(H). Let T
denote a transversal of hypergraph H = (V(H),F(H)). T is
a subset of V which meets every edge, i.e., T ∩ Fi 	= ∅ for
all Fi ∈ F . If T’s any proper subset is not a transversal, T is
considered as a minimal transversal. Use T to represent the
set containing all minimal transversals in the hypergraph H.
Then the transversal with minimum cardinality is said to be
the minimum transversal.

With the definitions above, the model of real-world traffic
network can be given in the following.

Let digraph D = (V, A) represent the road network. In the
digraph V and A represent the set of junctions and roads,
respectively. Then the digraph D is strongly connected and
has no loops and parallel arcs. Notice that the roundabout is
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treated as a junction since it has no functional difference in
our location problem.

Let digraph L = (V, A) represent the traffic constraints.
In L, V represents the set of roads. A represents the set of turn
limitations, respectively. The arc joining one road to another
exists at the presence of turn limitation at the junction. Then
the digraph L dose not have any loops and parallel arcs, and
is a subdigraph of D∗.

Let hypergraph C = (X,F) represent the traffic cycles. X of
the hypergraph C represents the set of roads. F represents the
set of road-sets. Fi ∈ F is the arc-set of a directed cycle in
the road network D.

Let hypergraph I = (X,F) represent the traffic circuits.
X represents the set of roads. F represents the set of road-
sets. Fi ∈ F is the arc-set of a directed circuit in D. The traffic
circuit indicates a closed route in which each road is passed
only once. The traffic cycle is similar where the junctions
are passed only once. The two definitions are analogous to
the directed cycle and directed circuit in the digraph, as the
simplifications of the real-world road network.

Let hypergraph Iε = (X,Fε), where Fε = {Fi : |Fi| > ε;
Fi ∈ F} represent the traffic circuits with length longer
than ε.

In our model, we also make the assumption that short traffic
circuits are not essential and thus ignored.

C. Problem Statement

Our goal is to measure emissions of all on-road vehicles.
This is achieved by locating traffic emission monitors on the
road network. There is no doubt that the amount and loca-
tion of the monitors have an significant influence on the
monitoring performance. Since the amount of monitors is con-
strained by the economic considerations, the optimal location
of the monitors thus becomes one key technique in the vehicle
emission RSS.

Based on the graph theory description, our location problem
is to find the minimum set of arcs on which traffic emission
monitors are located, in order to capture as many on-road
vehicles as possible. We make an assumption that the traffic
flow has the symmetric property, which means that all on-road
vehicles will eventually pass through a circuit. It needs to be
noticed that this paper ignores the circuits whose length is
smaller than 3. In other words, if every traffic circuit of the
road network contains at least one road that is located with a
monitor, every on-road vehicle can be measured at least for
once. Therefore, the problem, aimed at capturing all in-use
vehicles in the traffic network, can be formulated as to find a
minimum set of arcs that intersects every circuit, and imme-
diately is transformed into finding the minimum transversal
of I = (X,F) where X(I) = A(D), and consequently the
minimum transversal of Iε = (X,Fε).

III. LOCATION STRATEGY

The location strategy is composed of two steps. In the first
step, the algorithm to find all the directed circuits accord-
ing to the depth first searching process is developed to obtain
hypergraph-based set of directed circuits. In the second step,

Algorithm 1 DICYCFIND

Input: A strongly connected digraph D = (V, A)

Initialize: A stack P := ∅, two sets Q := ∅ and S := ∅, two
integers � := 1 and t := 0
Output: A set of directed cycles C = (X,F)

1: for i = 1 to |V| − 1 do
2: increase t by 1
3: push vi into P
4: while 1 do
5: set S := N+(v) where v = P(t)
6: set S := S − {vj:j ≤ i}
7: set S := S − {v:v ∈ P}
8: set S := S − {v:−→uv ∈ Q} where u = P(t)
9: if S = ∅ then

10: if P(t) = vi then
11: break the circulation
12: end if
13: if −→uvi ∈ A where u = P(t) then
14: set F� := A(P)

15: increment � by 1
16: end if
17: pop P
18: decrease t by 1
19: else
20: push S(1) into P
21: increase t by 1
22: add −→uv into Q where u = P(t − 1) and v = P(t)
23: delete −→uv from Q where u = P(t) and v ∈ V
24: end if
25: end while
26: end for
27: set X := A
28: set F = {F1, F2, · · · }
29: return C = (X,F)

an approximation algorithm to find the greedy transversal is
designed in order to determine the roads to set monitors.

A. Step 1: Finding Circuits

It is known that the line digraph is strongly connected if and
only if the digraph is strongly connected [48]. Thus, finding all
the circuits in a digraph is equivalent to finding all the directed
cycles in its line digraph. Consequently, the turn constraints
can be easily dealt with by making an operation of D∗ − L
equal to (V, A(D∗) − A(L)). Therefore, we can focus only on
finding all the directed cycles of D∗ − L. The directed cycles
finding algorithm (DICYCFIND, Algorithm 1) is designed for
this purpose.

The algorithm works as follows. D = (V, A) is a strongly
connected digraph, that has no vertex with zero in-degree or
out-degree. Arrange the vertex set V as 1, 2, . . . , |V|, and start
from v1 to extend directed path P = (v1, v2, . . . , vk) until
there is no other vertex reachable from vk. Then we check
whether there exists an arc −−→vkv1, if so, we can obtain a directed
cycle C = (v1, v2, . . . , vk) at this step. Otherwise, according
to the depth first principle we need return to vk−1 and search
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whether there exists an arc from vk−1 to another vertex vi,
vi /∈ {v1, v2, . . . , vk}, if so, we can extend this directed path to
vi, otherwise, we should back to vk−2 and repeat the operation
until it returns to v1. At this point, all directed paths starting
from v1 have been found and also the corresponding directed
cycles. After the searching from v1 is completed, repeat the
procedure from next vertex. With all vertices searched, we can
obtain all directed cycles in the digraph. It is worth noting that
in order to avoid that the directed cycle containing q vertices
is generated for q times, namely, that the same directed cycle
is obtained when searching from every vertex on the cycle, let
vi be the original vertex, and then when searching from vi, we
need not to visit the vertex vj where j ≤ i. That is to say, the
original vertex of directed cycle should be with the smallest
subscript.

The DICYCFIND algorithm is developed according to the
extending and shrinking of the directed path, and the stack
with the last-in-first-out principle is suitable for describing this
procedure. Let P and t represent the stack and its top, respec-
tively. S contains the vertices that can next be visited. S = ∅
means that the directed path cannot be extended any more, then
a judgement should be conducted whether a directed cycle
can be obtained, as shown in statements 13–15. Otherwise,
extend the directed path and record the vertices that has been
visited, as shown in statements 20–23. A complete depth-first-
searching process ends until the directed path back to the
origin, as shown in statements 10 and 11. The similar search-
ing should be conducted for |V| − 1 times to find all directed
cycles. This algorithm will extend the directed path as long as
possible, and attempt to search another branch at every vertex
when the extending cannot be continued. Hence, it is able to
find all the directed paths from the origin to arbitrary another
vertex, thus all the directed cycles can be found.

There is a double-layer circulation in the algorithm and the
times of the inner circulation is difficult to determine. The
experience tell us that every vertex has a nearly equal out-
degree in the road network, so the times can be approximately
treated as (d + 1)i, where d is the average out-degree and i
is the current amount of vertices by the external circulation.
The constant 1 is caused by the judgement if backtrack or
not. Therefore, the sum of circulation times is

∑|V|−1
i=1 (d+1)i.

It is noted that the average degree d is much smaller than
the digraph’s order |V|, except in the complete digraph where
d equals |V| − 1. As to the road network, the computational
complexity of DICYCFIND algorithm is O(|V|2).

B. Step 2: Finding Transversal

Using the DICYCFIND algorithm a hypergraph-based set of
circuits is obtained and the second step is to find its transver-
sal as small as possible. We first simplify the hypergraph, as
shown in the HYPERSIM algorithm.

In the HYPERSIM algorithm (Algorithm 2), statements 1,
2, 8, and 9 constitute a double-layer circulation with times of

|F |−1∑

i=1

|F | − i = |F |(|F | − 1)

2
= |F |2

2
− |F |

2

Algorithm 2 Hypergraph Simplification (HYPERSIM)
Input: A hypergraph H = (X,F)

Initialize: A set F ′ := F
Output: A simple hypergraph H′ = (X,F ′)

1: for i = 1 to |F | − 1 do
2: for j = i + 1 to |F | do
3: if Fi ⊆ Fj then
4: set F ′ := F ′ − {Fj}
5: else if Fi ⊇ Fj then
6: set F ′ := F ′ − {Fi}
7: end if
8: end for
9: end for

10: return H′ = (X,F ′)

Algorithm 3 Greedy Transversal Finding (GRTRANSFIND)
Input: A simple hypergraph H = (X,F)

Initialize: A hypergraph S1 := H, a set T := ∅, an integer
i := 1
Output: A transversal T of H

1: delete all the isolated vertices
2: while Si 	= ∅ do
3: create ti := ∅
4: for k = 1 to |X(Si)| do
5: if d(ti) < d(xk) where xk ∈ X(S1) then
6: set ti := xk

7: end if
8: end for
9: add ti into T

10: increase i by 1
11: set Si := Si−1 − Si−1(ti−1)

12: end while
13: return T

which essentially generate a series of pairwise combination
in F with the cardinality of

(|F |
2

)
, comparing these pairs to

eliminate repeated hyperedges. These operations cause the pri-
mary computation resulting in the computational complexity
of O(|F |2). Statements 3–9 attempt to find whether a pair
exists where an element contains another or not, if so the
superset will be deleted from F ′. At the end of the algorithm
it will return a simple hypergraph and the correctness is self-
evident. Specially it is noted that the operation is not conducted
in the set F but F ′ instead for not to change the values of
input.

The next work is to find a minimum transversal of
the simplified hypergraph by the HYPERSIM algorithm,
which is, however, an nondeterministic polynomial complete
problem. We here treat it by approximations based on the
greedy strategy which selects the best current option at each
step only.

In the GRTRANSFIND algorithm (Algorithm 3), statement 3
creates an empty vertex ti at the beginning of every circula-
tion in order to record the selected vertex. By deleting the star
of the selected vertex Si(xi) at the end of every circulation, a
transversal can be generated until the hypergraph Si is empty.
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Fig. 3. Diagram of a digraph with turn constraint. The digraph has six
vertices and nine arcs. There exists a turn limitation from a6 to a1.

The principle of selecting vertex in every circulation is to
choose the vertex with the largest degree as shown in state-
ments 3–7. Considering the worst situation that every vertex
intersects only one hyperedge, the external circulation will be
conducted for |V| times and the inner |V| − i times. So the
sum is

|V|∑

i=1

|V| − i = |V|(|V| − 1)

2
= |V|2

2
− |V|

2
.

Therefore, this is a polynomial-time algorithm with com-
putational complexity of O(|V|2) which is available in the
large-scale situation. The GRTRANSFIND algorithm will out-
put a transversal with the ratio of 1 + log � whose proof will
be seen in the Appendix.

IV. ILLUSTRATIVE EXAMPLES

A. Test 1: Simulation

Consider a digraph with certain turn constraints as shown in
Fig. 3. The digraph D has the following nine directed circuits:

J1 = {v1, a2, v2, a1, v1}
J2 = {v2, a5, v5, a6, v2}
J3 = {v1, a2, v2, a5, v5, a6, v2, a1, v1}
J4 = {v1, a2, v2, a5, v5, a8, v4, a4, v1}
J5 = {v2, a3, v3, a7, v6, a9, v5, a6, v2}
J6 = {v2, a1, v1, a2, v2, a3, v3, a7, v6, a9, v5, a6, v2}
J7 = {v1, a2, v2, a3, v3, a7, v6, a9, v5, a8, v4, a4, v1}
J8 = {v1, a2, v2, a3, v3, a7, v6, a9, v5, a6, v2, a5, v5, a8, v4, a4, v1}
J9 = {v1, a2, v2, a5, v5, a6, v2, a3, v3, a7, v6, a9, v5, a8, v4, a4, v1}.

Vehicles on a6 cannot turn to a1 at the junction v2. Hence
J3 and J6 should be dropped.

As mentioned earlier, the digraph-based road network D
should be transformed into its line digraph D∗ as shown in
Fig. 4. The red dashed arc coupled with the vertices a1 and
a6 constitute the turn constraints L. Applying the DICYCFIND

algorithm to the reminder of the graph without the arc −−→a6a1,
i.e., D∗ − L, it generates all the directed circuits of D elim-
inating the affect of turn constraints. As shown in Fig. 5,

Fig. 4. Diagram of line digraph. The turn constraint in Fig. 3 leads to the
deletion of arc a6a1, which is represented by the red dashed line.

Fig. 5. Diagram of hypergraph-based directed circuits set. The red dashed
lines represent circuits whose cardinality is equal to 2. The blue dashed line
represents two circuits with the same set of arcs.

the set of directed circuits I = (X,F) is composed of
X = {ai : i = 1, 2, . . . , 9} and F = {Fi : i = 1, 2, . . . , 7},
where

F1 = {a1, a2}
F2 = {a5, a6}
F3 = {a2, a5, a8, a4}
F4 = {a3, a7, a9, a6}
F5 = {a2, a3, a7, a9, a8, a4}
F6 = {a2, a3, a7, a9, a6, a5, a8, a4}
F7 = {a2, a5, a6, a3, a7, a9, a8, a4}.

Deleting the directed circuits with small cardinality not
more than 2 (the read dashed hyperedge), it is obtained
I2 = (X,F2), where F2 = F − {F1, F2}. By applying the
HYPERSIM algorithm the simplified hypergraph I′

2 = (X,F ′
2)

is obtained, where F ′
2 = F2 − {F6, F7} as the rest partial

hypergraph with deleting the red and blue dashed hyper-
edges. The set T = {a2, a3} is one of the transversals of I′

2.
By locating the traffic emission monitors on the two roads,
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Fig. 6. Diagram of real-world road network. This digraph is from [29], and
two turn constraints are set on it.

Fig. 7. Statistics of directed circuits. Without the turn constraints, the dis-
tribution of number of directed circuits with different length is shown as the
red bars. After deleting circuits that do not exist due to the turn constraints,
the distribution is shown in blue ones.

all the traffic circuits with length longer than 2 are under
monitoring.

B. Test 2: First Real-World Test

We consider a practical road network modeled as a digraph
with 13 vertices and 26 arcs as shown in Fig. 6.

In Fig. 7, it shows that without considering the turn con-
straints, 1169 directed circuits are found and its distribution
according to length is illustrated by the red bars. It reveals
that there are only a few directed circuits with odd length.
The amount peaks at the length equalling 18, which may be
treated as a feature of the road network to describe its com-
plexity or traffic capacity. By eliminating the turn constraints,
the sum amount of the directed circuits reduce sharply to 356,
indicating its great affect on the traffic capacity.

The notations in Table I are as follows. I, I, and Iε repre-
sent the set of directed circuits of the road network without

TABLE I
STATISTICS OF RESULTS OF PROPOSED LOCATION STRATEGY

considering its turn constraints, with these constraints and
those circuits with length smaller than ε being deleted. Since
there are few odd directed circuits, the even, say I2, are
selected to do the experiment. The symbols |F | and |F ′| repre-
sent the amount of directed circuits and its simplified situation,
respectively. �, τ , and τ † represent the maximum degree,
greedy transversal number, and minimum transversal number,
respectively. (τ/|X|) is referred to as the location-ratio, in a
way to estimate the programme cost.

1) The sudden change in the variation of |F | indicates that
the turn constraints have a great affect to the amount of
directed circuits.

2) |F ′| does not decrease with the decreasing of |F |, show-
ing that some directed circuits with larger length is
composed of the same smaller ones. So the |F ′| peaks
at I14 instead of decreasing.

3) |F ′| of I is equal to the amount of directed cycles of the
original digraph for the reason that every directed circuit
contains at least one directed cycle in its sequence.

4) Generally speaking |F ′| is much smaller than |F |, so it
is deduced that the small directed circuits can be treated
as the cores of road network.

5) The transversal generated by the GRTRANSFIND algo-
rithm approximates the minimum transversal with a
extremely small error for small �.

6) With ε increasing, smaller directed circuits are deleted
and the difference between |F ′| and � is getting smaller
even eliminated, such that to reduce the location-ratio,
namely, the sum cost of the vehicle emission RSS.

7) The determination of ε is based on the financial budget
or the statistics on the vehicles’ traveling routes.

C. Test 3: Second Real-World Test

This example considers the road network shown in Fig. 8.
Table II shows nine comparison experiments and their results.
The amount of monitors are set as 3, 10, and 20, respectively.
The experience-based method has two steps: one is to divide
the road network equally into several areas within which the
amount is equal to that of the monitors, and then select a road
with highest traffic flow for each area. In fact, placing devices
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TABLE II
COMPARISON RESULTS

Fig. 8. Satellite aerial photography of tested area around the University
of Science and Technology of China that is located in Anhui, China (from
BaiduMap). The lines in the photo stand for the roads, and the orange one
represents a viaduct. The network can be modeled as a digraph with 34 vertices
and 108 arcs.

randomly onto the road network is also a frequently-used
method. In all the experiments, we use a transportable plat-
form to carry each license recognizer to the location rather
than truly installing the traffic emission monitors. After all
the recognizers are set to their location and the operational
parameters are well adjusted, the license recognizers started
up 24 h measurement persisting for a week.

The information of interest include the number of entries,
the number of vehicles and the average degree. The number
of entries is used to described the sample scale, increasing
by one with a vehicle driving through a license recognizer.
It is noteworthy that the number of entries obtained in our
experiments is much larger than that of installing the vehicle
emission monitors for the emissions from different vehicles
may not be detected when the vehicles pass through the mon-
itor in parallel. The average degree is the ratio of the number
of vehicles to that of entries, which is supposed to be large
since it reveals that the multiplicity of measuring is higher
with the average degree getting smaller. Larger average degree
means superior allocation of monitors.

As shown in Table II, with the number of monitors increas-
ing, the number of entries and the number of vehicles both
rise obviously. Locating randomly gets the smallest number
of entries in all three experiments, while when it comes to
20 monitors, the disparity between locating randomly and any
another scheme is not that noticeable. Combining the number
of entries and number of vehicles, although the scheme locat-
ing by experience tends to achieve more entries than locating
by the proposed algorithm, the number of different vehicles in
the scheme of locating by experience has an opposite tendency.
The average degree of locating by the proposed algorithm is
larger than that of locating by experience or locating randomly
in all three situations. With the number of located monitors
increasing, more vehicles can be captured, while the aver-
age degree gradually decreases. It shows that the scheme of
locating monitors by experience has the same downtrend. It
should be noticed that the scheme of locating randomly is
a little different from the two scheme above. In the experi-
ment of 20 monitors, locating randomly gets an average degree
of 0.257, which is larger than the value 0.187 in the situation
of ten monitors, and this value is even larger than locating by
experience. The proposed strategy always has larger average
degree than any another scheme which can be found in the
table. Locating by experience gets larger average degree than
locating randomly when the number of monitors is 3 or 10, and
in the last situation, this relation is opposite. From the analysis
above, we can conclude that the proposed location strategy can
perform better than the common location methods in practical
application.

The proportion of amount of cars detected by monitors
of the same amount, over all the vehicles can be detected
for more than one time. In Fig. 9, the inner, middle, and
external circles represent results of the situations locating by
proposed algorithm, locating by experience, and locating ran-
domly, respectively. We can find that the vehicles detected by
only one monitor have taken up the majority and the propor-
tions of the three situations have slight differences. This may
be due to that the amount of monitors is too small to cover
such a wide road network. Locating three monitors to the main
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Fig. 9. Pie graph of cars detected by different amount monitors in the three-
monitor case. The blue part represents the proportion of number of vehicles
that are captured by only one monitor, and the red part for the proportion
that are captured by two monitors, the green part for the proportion that are
captured by all three monitors. Figs. 10 and 11 have the similar meaning.

Fig. 10. Pie graph of cars detected by different amount monitors in the
ten-monitor case.

roads in different area is enough to reduce the multiplicity.
However, to the ten-monitor case as shown in Fig. 10, the
results are totally different from that of three-monitor case. It
is deduced that most of the vehicles are detected by one to
four monitors while using the proposed location strategy, and
even over half of the cars can be detected for less or equal
to twice which can reduce the multiplicity to a great extent.
The results of locating by experience or randomly show that
it still has a lot of vehicles that are detected by six monitors
which is a waste of resource caused by unreasonable location.

Fig. 11. Pie graph of cars detected by different amount monitors in the
20-monitor case.

In the 20-monitor case with its results shown in Fig. 11, the
performance of the proposed algorithm is not more brilliant
than that of locating monitors by experience or randomly com-
pared to the ten-monitor case. This can be interpreted as that if
there are too many monitors, even meeting the condition that
every road can be allocated one monitor, it is not necessary to
develop such a location strategy. In conclusion, the proposed
location strategy is essentially to average the monitors to avoid
the multidetection as much as possible, hence achieving the
highest average degree. The experience-based location strategy
has ignored the fact that people are more likely to drive their
vehicles along main roads so that it will raise the occurrence
of multidetection.

V. CONCLUSION

We formulate a novel location problem in smart transporta-
tion where the minimum subset of roads on which traffic
emission monitors are placed is to be found. Since it is
intractable to quantify the influencing factors such as geo-
graphic position and congestion situation, and information like
traffic flow of the whole road network is not easily accessi-
ble even for the national traffic administrative department, in
this paper we solve this problem only using the topological
structure and some other available information of the traf-
fic network. We propose a two-step location strategy using
both depth first searching and greedy strategy to find the min-
imum set of roads with traffic emission monitors, based on the
digraph modeled from the traffic network, whose performance
is validated by both theoretical proof and illustrative exam-
ples. Future works may focus on the inclusion of the device
failure probability and other practical implementation issues.

APPENDIX

Theorem 1: The GRTRANSFIND algorithm will output a
transversal with the ratio of 1 + log �.
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Proof: First, statement 10 can be written as

S1 = H

S2 = S1 − S1(t1)

S3 = S2 − S2(t2)
...

∅ = Sτ − Sτ (tτ )

where τ = |T|, and then

H = S1

S1(t1) = S1 − S2

S2(t2) = S2 − S3
...

Sτ (tτ ) = Sτ − ∅
and then

⋃τ
i=1 Si(ti) = H. For Si(ti) ⊂ S(ti) such that H =⋃τ

i=1 Si(ti) ⊆ ⋃τ
i=1 S(ti) ⊆ H, resulting in

⋃τ
i=1 S(ti) = H that

every hyperedge in H can be traversed by the vertices in T .
This proves the correctness of the GRTRANSFIND algorithm.

Let τ † denote the cardinality of the minimum transversal
and �λ the times selecting the vertex with the degree of λ. We
have

τ = |T| = �1 + �2 + · · · + �λ+1 + · · · + ��

where � is the maximum degree of H. By denoting �� +
��−1 +· · ·+�λ+1 = k, the partial hypergraph Sk+1 is obtained
at the end of the k + 1th circulation. Then

λ�λ + (λ − 1)�λ−1 + · · · + 2�2 + �1 = |F(Sk+1)| ≤ λτ †

then
(

1

λ
− 1

λ + 1

)

(�1 + 2�2 + · · · + λ�λ) ≤ 1

λ + 1
τ †

then
(

1 − 1

2

)

�1 ≤ 1

2
τ †

(
1

2
− 1

3

)

(�1 + 2�2) ≤ 1

3
τ †

(
1

3
− 1

4

)

(�1 + 2�2 + 3�3) ≤ 1

4
τ †

...(
1

� − 1
− 1

�

)

(�1 + 2�2 + · · · + (� − 1)��−1) ≤ 1

�
τ †

1

�
(�1 + 2�2 + · · · + ���) ≤ τ †.

Summing each side of the inequations above yields

τ =
�∑

λ=1

�λ ≤
(

1 + 1

2
+ · · · + 1

�

)

≤ (1 + log �)τ †

and therefore it is a (1 + log �)-approximation algorithm.
Obviously the ratio O(log �) at � trends to a very large
number.
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